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Lo TEETD. TDLE, EH o TER/ N
bo.byby - - -
TRIND. AEBIIAR/NEOEIIBEERINME LTEES. 2RO LD
KLT,%%Kﬁ%f%é.ﬁﬂﬁ%%%%&&bf,%k#<.%L,:hﬁﬁ
FR/ANELZ 22 B 7 & 93U, /MICETIRRRICBWT, #vEO&RD L LTEI
HOIXTIUED-T1UTOEETHLNE, LTRITRKBHN, EINLEDOH
D%ﬁé<ED:%®ﬁDﬂLK&oT,ﬁﬁmﬁmﬁa
ﬁ%%ktf,?%ﬁﬁmﬁkbfﬁbfﬁé.

1 — A —— . .
- = 0. 142857142857 - - - = 0.142857

&ﬁé.:@i5&%§@7wﬁquﬁ&®i5K%ﬁﬁ%ékﬁ$®tbm
%ﬁmz5u%®$§pkb,1_agp—1&¢5.ﬁﬁﬁx:5ﬁ

(@]

g = 0.b1b2b3 e
p



EINERB SN2 LT D,

10a,,— n n
a I:bn—i—a—, 0<a_<1 (1)
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1 2 p—1
P — 2
p p p (>
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BE a, b DERRAE % ged(a,b) TR

R 2.1 B o LEREVIZH LT, aZ b THoLLEEORY 2 r L T1IT,
ged(a, b) = ged(b, 7).



EIE 2.2 (Euclid DERRE). B a & BRI LT,

a bko +1r1, 0<ry <b,

b = mki+ry, 0<ry<ryg,

1 roka + 13, 0 <13 <y, (3)
Tn—2 = rnflknfl + T, 0 <r, < Tn—1,
Tn—1 = rnk:n

ThBHETDHE, ged(a,b) =r,.
[FEAA] #2112k~ T, ged(a,b) =ged(b,ry) THD. THEBRDEEIE,
ged(a,b) = ged(b, 1) = ged(ry,r9) = - - = ged(Fn_1,7n) = T
LB, O
fl 2.3. 1995 & 1029 DEKRAKIEZ KD 5.

1995 = 1029 x 1 + 966,
1029 = 966 x 1 -+ 63,
966 = 63 x 15+ 21,
63 = 21 x 3.

L7235 T, ged(1995,1029) =21 TH 5.
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1
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LT, Bk S A = i
1
To =T, k?Z:[ZEZ], xi—i_l:x-—k‘ (4)

WCEoTEED. LENRST, e DEHEDOLETY (4)ITXoT, BEE; &FE
EEDDIENTED. ZDLE, e PERETHL I LMD, HIZ0<z—k <1
Thv, ZOFHEITERITH<.
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X0,

ko | k1 + — 1
_ 0(1+.’L'2)+ _(k0k1+1)$2+k0
kl + i k?ll'g + 1 ’
T2
—fRIZ,
T = Pnln +pn—1 (6)
gnTn + Gn-1
1 .
DOFTIT B ETFHREIND. (6) DAL, x, =k, + " ZRATNIZ,
n+1
Pn (k:n + > +pn—1
= Tn+1 _ (knpn +pn—1)xn+1 + Pn
kn n n— n n .
qn<kn+ )+qn1 (knGn + Gn-1)Tnt1 + ¢
Tn+41

Lo T, HERIFIEICE > T6) IRELWZ ERFEH S, 51T,

Pn+1 = knpn + Pn-1, D1 = kOa b2 = kOkl + 17 (7)
dn+1 = ann + Gn—1, g1 = 1; g2 = kl

BRRY SEDZ & RNbhotz. R (7) kb,
Prdn-1 — Pn—1¢n = (—=1)(Pn—1¢n—2 — Dn—2Gn-1)

DD, Tz L THOWIE,
Prtn-1 = Pa-1dn = (=1)" 2 (p2q1 — p1go) = (—=1)" (8)
BB XBIT, (7), (8) 2
Pntn—2 = Pn—2dn = kn(Pn—1Gn—2 = Pn—2gn1) = (=1)" 'ky, (9)

155, (5), (6) 1D,
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BB, SbHIT, !

knf2'+

lim 2 =4 (10)

n—00 gy,

ThHIEPRIND. Ik e DESEERE VW,
x = [ko, ki, ks, . . ]

&<

Bl 3.1. » =2 &£THIZ,

To = \/57 kO::[\Aﬂ ::17
1
T, = f—1:\/§+1’ k= [V2+1] =2,

1
Ty = ——— =241, k=[2+1]=2,
? V24+1-2 2= | ]

Tn = V241, k,=2.
L7zi3o T, V2 I3EERT 5N
V2=1[1,2,2,..]=[1,2]

L LTHRES. AEEZESKERTINE, =2—2 Uy FOEREICE-T, &
FRSEEIC 2D, V2 IIEERT D ERESBICRBA SN0 D, V2 ITEBEETIX
<, EEETHD. (1) XV,
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=1 ¢p=2 ¢G=>5 qpu=12, ¢s =29, ¢¢ = 70,...
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EWV . 2WEHEBIIERESBE TRED L EZHAL L .

m % 2L EOBRET, BREDOFELF TRV ENWET S, m% 4 TH-
FELEDRINB1IDEE, D=mELBE, mZ4THSLEZORYP2EIX
3DEE, D=4m &BL. X(D)IT&-T, HBIRK D 0BELRE 2 kRO K
EVWHOIRTH D K9 R 2REBPRROESEZRT. ac X(D) LTI, ol
2 RITFER

ar’ +br+c=0, a,bciIBH a>0, > —4dac=D
DREVTORTHD. ZO2RGEADE H—2DR% o £75.
R(D)={ae X(D)|la>1,-1<a <0}

EBL. aeRD)EL, fx)=ar?+br+c=0% a D=3 HBIAXD, a >0
DEFARI 2R FERN LT D, 20LE, 2By = f(a) DT T TI70 b, a>1,
—1<ad <0 ThHEDOLELHEMEL,

f(0)=¢c<0, f(-1)=a—b+c>0, f(l)=a+b+c<0 (11)
ThdD. Znhb, a>0,b<0,c<0Bbnb. IHIZ,
D =b* — 4ac = b* + 4alc| > b*, D =b* — dac = b* + 4alc| > 4alc|
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Y

y=ax®+bxr +c

/

-1 Oé, 1 «

T




4, a€ R(D) & LT,
1
k= lo], ﬁ:a—k

LB, ZFDLE, BERD)THDHILERED. f(x)=ar’+br+c=0% «
DT FHBIR D, 0 > 0 OEBARR 2 WA ETBE, a—k+— 10,

B
a(k‘—l—l>2—|—b(k+l>+c—0
6 B 7
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L7285 T,
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EBITIE, g(x) DHHIFIZ
(2ak 4 b)? — 4(ak* + bk + c)a = b* — 4ac = D

THD.
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No—k)~ (o — k)2

ThBNE, g(r) =0 ORIL

1
Thd. 0<a—k=a—[a] <1 TH2DNb, B:m>1f“§)6. —-1<ao <0,

k=la] >1ThHodhrb, o —k< -1, LEXP-T, -1<f =
5. ®xIZ, BeRD)THD.
o € R(D) ZH# 3 BRHT 5.

<0Th

o —k

1
Oéi—kl'

Qp = @, k'l = [Oéi], A1 =

Thbd. T0LE, ETRLEX I X R(D) DFETHY, R(D)ITHBRES
THING, HBDEFEFL>0,n> 1 BFELT,

Apqyg = Op
DRV LD, Zinnb, HREIZREST, 1 = Qpo1,...,p =g =a &5
ZEnbnd. EEE,
1

Aptr—1 = kn—l—ﬂ—l + s Qp_1 = kn—l + —
Aty Qap

8



THDHPD, app=a, £V,

Qpiypr—1 — Qp_1 = kn—&-f—l - kn—l-
b,

Qo1 — Oy = ko1 — kno1.
ZZT, appiet, 01 EBIT, RD)DITTHDLIND, -1 <a,,, <0, -1<
al_ 1 <0ThH5bH. £oT,

Knte—1 — kna| = |O‘;L+Z—1 - O‘;z—1| <1
Thbd. ZOEMIEBETHDIND, ko1 = kp1 TRITFIER 5720, Lizn-
Ty Quir1 = 1 5. ZTHREBVIERFIE, aner = anet, ..., a0 = ap = «
%1%6 ‘r"fx?:f)%, iy = O, kiJrg = ]i’l 75§'§"\“T0) ) LCOII\TEFC D ﬁ.o Lf:ﬁ§OT,
a IHERT 2 ESBUREAZ .
o = [ifo, cey ];]gfl].

ZDXIIE, R(D)ICET D 2 REBRBIIMIERES BB ZEFS. bo & —KIZ,
RO EEDIRL Y L.
EE 4.1 (FT70D20FH). 2 REBEKIIERES B CERES. M, FERE
D CREDLFERIT 2 REBRE TH S,

Bl 4.2. m =29, D=m =29 £55. BHEOM (a,b,c) X b* — dac = 29, a > 0,
b<0,c<0 Zf/icdTe&dsn. £20LE, VIIFHTHLIND, b* +4ale] =29 &
D, b=-1,-3,-5Thbd. b=—-1D, %, (a,bc)lX

(17 _1v _7)7 (77 _17 _1)7

b=-30D¢& X,
(1,-3,-5), (5,—3,—-1),

b=-50Dt&, (1,-5,-1)TH%. ZhbDIH, a—b+c>0,a+b+c<0
BT L0k, (1,-5,-1)FFThs. LERST,

R(29) {5+\/@}
2
Thd. a=ay= 5+2@ PSR 5.
1 5+ v29
k?():[OZQ]:5, &1:a0_5: 2\/_2040.
Lkﬁof,5+fﬁzqar@5



Bl 4.3. m =19, D=4m =76 &£ T 5. BEOM (a,b,c) 1%, b*—4ac="76,a > 0,
b<0,c<0&Wldedd ZoLX, bViIIBETHLIND, b =20 LH<.
()2 +alel =19&0, ¥V =-1,-2,-3,-4Ths. V=-1D& %, (a,bc)lZ

(1,-2,-18), (2,-2,-9), (3,-2,—6), (6,—2,-3), (9,2, —2), (18,2, —1),
V=-20¢%,
(1,—-4,-15), (3,—4,-5), (5,—4,-3), (15,—4,—1),
V=-3D&%,
(1,-6,-10), (2,—6,-5), (5,—6,—2), (10, —6,—1),
WV =—-4m& %,
(1,-8,-3), (3,-8,—1)
Thd. ZnbmdHb, a—b+ce>0,a+b+c<0ZWMETHOIE,
(3,—4,=5), (5,—4, —3), (2,6, -5), (5,—6,—2), (1,-8,—-3), (3,8, —1)
DEDOTHDH. LInoT,

2 19 2 19 3 19 3 19 4 19
R(76) = +\/_’ +\/_7 +\/_’ +‘/_,4+\/E, +VI9 |
3 5 2 5 3
INLOESKBEREZHEALLY. a=a=4+V19¢7 5.
1 4419
k: :8 e o
0 [ao] , g oo — 8 3 )
1 2+ /19
k‘: :2 —= —
1 = [a] ) oy — 2 5 )
1 3+19
k: :1 = =
2 [042] , Q3 oy — 1 5 )
1 3+19
]{]: :3 frd —
s = [o] y Oy a5 —3 5
1 2 ++/19
k: :1 = =
4 [a4] , Q5 oy — 1 3 )
1
]{]5:[045]:27 Qg — :4+\/E2050.
0[5—2
L7223 - T,
. 4 19 . .
44++/19=108,2,1,3,1,2], +3\/_:[2,1,3,1,2,8],
2 19 . .. 3 19 . .
+5\/_ =[1,3,1,2,8,2], +2\/_ =1[3,1,2,8,2,1],
1 . 2 1 . .
5 +5\/_9 =[1,2,8,2,1,3], +3\/_9 =2,8,2,1,3, 1]
ThbD.
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5l 4.4. m =10, D = 4m =40 & T 5. EEOM (a,b,c) 1%, b*> —4ac =40, a > 0,
b<0,c<0&Wldedd ZoLX, bViIIBETHLIND, b =20 LH<.
()2 +alel =10&0, ¥V =-1,-2,-3ThHsB. V=-1D,Z%, (a,bc)lZ

(1,-2,-9), (3,-2,-3), (9,-2,-1),
b =-20D¢ %,
(17 _47 _6>7 (27 _47 _3)7 (37 _47 _2)7 (67 _47 _1>7

V=-30&%, (1,-6,—1) TH5dD. ZThbD5b, a—b+c>0,a+b+c<0
Zi 723 b DI,

(3,-2,-3), (2,—4,-3), (3,—4,-2), (1,—6,—1)
DADTHD. LIeBn-T,

anz{1+¢m,2+¢E,2+¢E,&+Jﬁ}.
3 2 3
. s - . 1 1 N
INLOESEEREHELELY. a=a)= +3\/_0<‘:ﬁ‘71/wtl,
1 2+ /10
ko = [ao] = 1, Oél—ao_l— 5
1 2+ /10
k’1—[a1]—27 042—a1_2— 3 )
1 1++10
k’gz[ag]:l, a3:a2—1: 3\/_:CY0.
b,
D), 2P0 sy g, 2EVI0 iy
3 2 3
2185, B=0=3+V10 LBTIT,
1 1
ho = 6] = 6, - — 34 VI0= 7.
0 [60] 50—6 —3+\/E ﬁ

b, 3+V10=1[6] THDH. ZDOLIIC, R40) D 4-o0%iE, HEHLkREH
WCEoT 22007 N—T12hhn5b.

ZDX 92, R(D) DEITHESEREICE T, W OnDTA—FI2H3TF b
. BITN—T1X, =002 REHENOAZ— LT, ZNERAIELH Y
ZHIWTHEE LD LEWVIBIEICL - TBYVD DT A 7> TN 5.

ZOITN—=7DEE%E (D) &, BRENS. FITHLLE I, h(29) =1,
h(76) =1, h(40) =2 THB. HURIFIWD)=1%,722% D PEBIHFEETDHTH
AHEFRLER, ZHITBIETHORMBROMBETHS.
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5 ANILAEXDEHME

VHREAEEZ2V 22U EOHRE m BPEZ LN TWA LTS, FDLx, H
S ERANT, ~VHFBRREEIN S REHTER

r? —my? = +1 (12)

DEFIRNRD LD Z EEBBIL LS. MHOEDIC, mE 4 THE XD
AV, 2F701E3 THDHLTDH. D =4m &B<. ac RD) % &5 Bz,
a=[/m]+vm ). BEORLEE DI, o IMERENR TRES.

a = [l‘{]o,...,ffnfl].
o = [k’o,...,k’n_l,@] "G&Jéﬁlg,

P (13)
0+ qn—1
Thé.::T,%Eﬂmwnﬁwﬂf%é.Q&@ﬁﬁ%%of%ﬁ?ﬂﬁ,
4@ + (g1 — Pn) — pp1 = 0.
ThRbL, ald2kHEX
G + (Gn—1 = Pn)T = Pu1 =0 (14)

DR THD. ZD2RFBEROHHIHIT,
(@1 = Pn)® =460 (=Pu1) = Gy + P2 = 2PGu1 + 4Pn10n
= (Pn+ Gn1)* = 4PnGn1 — Pn10n)
= (pn+qn1)? —4(-1)".
—7J, a€ R(D) TH L0 b, olFBEAEBOHFIK D = 4m D 2 kFGHEN
ar’ +br+c=0, b —4dac=4m
DIRTHD. TNEEBEELEZLON (14) THDH1D, By BEFEELT,
G =ay, (qn-1—DPn) =by, —po1=cy
Thbd. D&%, (14) DHBINIZ,
(P + Gn1)? = 4(=1)" = y*(b* — 4ac) = 4my?

TH5b. :j’bﬁ‘%, Pn t Gn-1 611%%(1&)6 ZENOLNY sy Pnt Qno1 = 2£C, T 61%
BEeFiE, 42 —4(-1)" =4my?, T72bbH,

2 — g = (1)
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Bl 5.1.m=19¢795. a=4++19 ZESKERTIIZE, o=[8,2,1,3,1,2] T
bole. (NEHNT, pi,q, 1<i<n=6%3HETDHL,

p1 =38, po =17, p3 =25, py = 92, p5s = 117, ps = 326,
n=1¢=2 ¢G=3, =11, ¢s =14, g¢ = 39

ThbH. a=4+ V19 O3 2 Ik HFERIT

2 —8r—-3=0

THBMD, a=1. Ltﬁof,x:“”ﬂﬁzway:%:ﬁ9m&»ﬁﬁﬁ

DEBETHD. —HKIS, NV HBRRITEROBEMREZE S, Lo~V HFERRKD
— AR,

Tpy1 = 170z, + 741y,
Yne1 = 392, +170y,, x9=1, yo=0

2L o, $H {(2,), () BEDD L E, (£un, ty,) THZBND.

A ERE2.1 DA
B o BRBO THIS L& DR q, RV &2 r & T,
a=bg+r, 0<r<b

EMNTBH. m=ged(a,b), n = ged(b,r) £BL. a=md,b=mb, d b ITEEKE
N DD,
r=a—>bg=m(ad —bq)

ThHD. £oT, miZblr DA THD. n=gedb,r) XV, m<nTH5.
AR, b=nb", r=nr" V1" 3L DT DD D,

a=n(b"qg+r")

Thbd. £oT, nlZal bR THS. m=ged(a,b) £V, n<mThH%.
WPzIZ, m=nTh5s. O
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B ESHEROINRODEEHA
(10) %_’%E% l./ct 5 Yn = [k’o,k)l,. . -ykn—l] = % <‘:£< n Z 1 L:/D‘/\"C, kn @i
AR THBME, (1), {g.} RARED R BHFITHY,
l=q<q  <@ni1<gqu<-
BT L bhs. (9) LV,
kn
QnanQ.
I/7LC73§OT, Yon — Yop—2 < O, Yon+1 — Yon—1 > 0Chs. if:, (8) X U,
(-1
dndn—1
I/7LC73§OT, Yon > Yon—1 Thb. JJ\J:L:J:’)T,

Yn — Yn—2 = (_1>n71

Yn — Yn—1 =

Y1 <yYs < - < Y3 < Yon—1 < Yo < Yop—2 < - < Yq < Yo,
T}Lflolo ‘3/271 - y2n71| =0

THDHIZEVRRINT (T, lim, oy, DFETDHZ EHDND). KEIZ
lim, oo ¥ = ThHHZLERED. Tp 2> [.CEn] = Kn, GnTn + Gn-1 = knln + qn_1 =
Qo1 WCEETHIL,

(—1)" 1 1
< <=
Qn(ann + anl) qnGn+1 q,

THDEINPD, Yo < T < Yougp1 THY, lim, ooy =2 THDHZENRINTZ. O

& . Pnln +pn—1 _
Gn GnTn + Gn—1

|yn — | = (15)

C 970 aDFEDEIHA
TV aDER (41) ZFEALE Y. a2 REHEK LT 5. o ORi-TE
BRE D 2 kR %E
ar? +br+c=0, a,b,clTBEH a, b c DERAKEILL

T 5. aZEEIRRTD.

1
Oéi—k‘z‘

LB, &6, Dok k. ke 8T 5. FOL X,

n

o =a, k= [%‘L Qi1 =

Pnlin + Pn-1
o= ————
GnCin + qn—1
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Thbd. Lo

2
a (pnan +pn—1> + b (pnan +pn—1> +e= 0.
qnCn + Gn—1 qnCn + Gn—1
e E S TEETIE, o, 1RO 2RFEXEZRMZTZ ERDND.

An2® 4+ Byx + C, = 0. (16)

(Y
(Y
e

A, = apy, + bpagn + cqy,
B, = 2apupp—1 + b(Padn-1 + Pn-1dn) + 204nGn-1,
Co = ap> | +bpu1qn1+cq’_,
eV, (8) #AWILIE, 2kFER (16) 0HFIRIL
B2 — 4A,C, = b* — 4ac

ThBILnbns. (15) XY,

On
pn:a(,In"f'q_a |5n| <1

n

LREDL. Zhnb,

5\ ° S )
An = a Oéqn"i_q_ +bqn gy + — _'_an

n

2
= (aa®+ba+c)q + 2aad, + a (5—") + b6,

n

5 2
= 2aad, +a (—") + b6,,.

n

L7235 T,

| Anl < 2|alla] + |af +- [b].
[FIRRIZ LT,

|Cn| < 2lallaf + [a] + [b].
S b,

B2 = 4A,C, + b* — dac < 4(2|al|a| + |a| + |b])* + |b* — 4ac].

Tnnh, BEOM (A, B, C,) I3ABREOFRTEEME LRWZ L3y, 2R
B (16) DI o, IZERBOFEEME LAVRWZ &8s, LEER-T, HHES
(>0,n>10™FELT,

Qniy¢ = Op
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BV LD, TRDL, ol IMERESBTRED. HI, Ea BPERESET
2%'@._%) k‘ﬂ—é o = [k'o,...,knfl,ho,...,hmfl] k'ﬂ—é.
o = [kOa"'akn—laan]a an:[hOa"'ahm—laan]
ThHiHND,
o DnQip + Dp—1 p;nan + p;n—l
o=, Oy = —F—————
qnCn _'_anl q;nan _'_qm—l

ThdD. 2, a, T2WEEBTHY, LER-T, aob 2REBEKTHD
T ERbns. m

£E X8

(1] BN, G, HABREHREBS, 1974
2] FIEFHH, KofFBER~0HE, SREE, 1981
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